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Introduction.
Let M be a Kaehler manifold of complex dimension n+p, ί^O, and M be a Riemannian manifold of real dimension n. Let / be the almost complex structure of M. We call M a totally real submanif old of M if M admits an isometric immersion into Msuch that yT Λ ,(M)cT Λ .(M)-L where T X (M) denotes the tangent space of M at x and T X (M)^ the normal space of M at x. When p=Q, we see that JT X (M}-T^M} 1 -, for which case many interesting properties of totally real submanifolds have been studied by different authors (see [1] , [2] , [4] , [5] , [6] , [7] , [9] and [12] ). For the case p>0, one of the present authors proved in [10] some theorems for totally real, totally umbilical submanifolds of a Kaehler manifold. On the other hand, Ludden-Okumura-Yano [6] proved a pinching theorem for a compact minimal totally real submanifold of a complex space form also for the case p>0.
The purpose of the present paper is to generalize some of theorems proved in [5] , [6] , [7] , [10] and [12] .
In § 1 we derive some fundamental formulas for a totally real submanifold M of a Kaehler manifold M. In § 2 we study the /-structure in the normal bundle of a totally real submanifold (see [6] , [8] , [10] ). In § 3 we consider_an n-dimensional compact totally real submanifold of a complex space form M(c) of complex dimension n+p and of constant holomorphic sectional curvature c and give some integral formulas computing the Laplacian of the square of the second fundamental form. As an application of these integral formulas we prove a pinching theorem for compact totally real submanifolds which is a generalization of theorems in [2] and [5] . In § 4 and § 5 we study generalizations of results proved in [12] . The purpose of the last section is to give a characterization of an tt-dimensional compact flat totally real submanifold S 1 (r 1 )xS 1 (r 2 )x -xS α (rJ in some C n in C n+p .
% 1. Preliminaries.
Let M be a Kaehler manifold of complex dimension n+p. We denote by / the almost complex structure of M. An n-dimensional Riemannian manifold
for each x^M where T X (M) denotes the tangent space to M at x^M. Here we have identified T X (M) with its image under the differential of the immersion because our computation is local. If X<^T X (M), then JX is a normal vector to M. Thus we see that p^Q. Let g be the metric tensor field of M and g be the induced metric tensor field on M. We denote by V (resp. F) the operator of covariant differentiation with respect to g (resp. g). We call such a manifold a real space form and denote it by M(K). §2. /-structure in the normal bundle.
Let M be a totally real submanifold of real dimension n of a Kaehler manifold M of complex dimension n+p. We denote by T X (M) the tangent space of M at x^M and by T^M)- where PN is the tangential part of JN and fN the normal part of JN. Then P is a tangent bundle valued 1-form on the normal bundle and / is an endomorphism of the normal bundle. Then, putting N=JX in (2.1) and applying / to (2.1), we find [6] , [10] :
where X is a tangent vector field to M and N is a vector field in the normal bundle. Equations (2.2) imply that Therefore, / being of constant rank, if / does not vanish, then it defines an /-structure in the normal bundle [8] . From (2.1), using the Gauss-Weingarten formulas, we have
If Dχf=Q for any tangent vector field X, then the /-structure in the normal bundle is said to be parallel. Let M(c) be a complex space form of complex dimension n+p and of constant holomorphic sectional curvature c and let M be a totally real submanifold of real dimension n of M(c). so that S αδ is a symmetric (n, n) -matrix and can be assumed to be diagonal for a suitable frame. S is the square of the length of the second fundamental form. When the /-structure in the normal bundle is parallel, using these notations, we can rewrite (3.2) in the following form : Let CP n+p be a complex projective space of constant holomorphic sectional curvature 4 and of complex dimension n+p. We would like to study a compact orientable totally real submamfold M of real dimension n of CP n+p such that the /-structure in the normal bundle is parallel and satisfies (3.9) f [^-Σ
LEMMA 3.1. Let M be a totally real submanifold of a complex space form M(c). Then we have
•Ίr a
In the following we assume that M is not totally geodesic. From (3.7) and (3.9) the second fundamental form of M is parallel, i. e., Λ?/*= 0. Proof. By the assumption we see that ΣTrA| is constant. Thus we have α ΣA&Λft?/=4-JΣTrΛi-Σ (A&*)'=-Σ (A&*) 1 . 
